Introduction
A fundamental question in astrophysics and astrochemistry yet to be answered is to understand molecular complexity in space. As a result of vast scientific efforts, ∼200 different chemical species have been detected in the interstellar medium (ISM). Among them, one can find several complex organic molecules (COMs) under diverse environments, meaning by COMs carbon-based molecular species with more than six atoms in their structure (Herbst & van Dishoeck 2009) . COMs up to 13 atoms have been detected in the ISM containing a large variety of functional groups, including alcohols, ketones, or aldehydes (Endres et al. 2016) . The most abundant sources of these COMs are the giant molecular clouds of the Galactic Center (Requena-Torres et al. 2006; Hollis et al. 2006b ) as well as high-mass hot cores (Ikeda et al. 2001; Remijan et al. 2004; Belloche et al. 2013; Tercero et al. 2013 Tercero et al. , 2015 and lowmass hot corinos (Bottinelli et al. 2007; Jørgensen et al. 2016) of star-forming regions. However, the detection of COMs has been recently extended to dark cloud cores and pre-stellar cores (see, e.g., Cernicharo et al. 2012; Jiménez-Serra et al. 2016; McGuire et al. 2018 ).
Full Tables 2 and 3 are only available at the CDS via anonymous ftp to cdsarc.u-strasbg.fr (130.79.128.5) or via http://cdsarc. u-strasbg.fr/viz-bin/qcat?J/A+A/619/A92 Notwithstanding the advances in this field, the synthetic routes of COMs are still far from being fully understood; the creation of reliable models is particularly challenging in sources like Sgr B2(N) (Quan & Herbst 2007) , which, is one of the major sources of COMs. Hollis et al. (2006a) pointed out that the observation of molecular isomers provides an excellent tool to evaluate the hypothesis of synthetic pathways. More recently, after evaluating several groups of molecular isomers, Lattelais et al. (2009 Lattelais et al. ( , 2010 Lattelais et al. ( , 2011 proposed the "minimum energy principle" (MEP). They stated that the thermodynamically most stable isomer of a molecular formula is practically the most abundant in the ISM. If so, this principle would constitute a pragmatic tool to propose new candidates for the ISM.
Continuing the isomeric analysis, in the present paper we will focus on the C 3 H 4 O family. The most stable isomers C 3 H 4 O are propenal (also known as acrolein), methyl ketene (1-propen-1-one), and cyclopropanone (Karton & Talbi 2014) . So far, only a tentative detection of propenal has been reported towards Sgr B2(N) employing the Green Bank telescope (Hollis et al. 2004) , where they observed the two transitions that were in the observational frequency range but the detection of propenal has never been confirmed by independent observations. A more recent work in the millimeter frequency range (Daly et al. 2015) provides a comprehensive spectroscopic analysis that could allow us to detect further transitions. Nevertheless, the main issue of the analysis of this group of isomers is the lack of precise e e 0 <1.) "' "' information about the spectroscopy of methyl ketene, which prevents not only its detection in the ISM but also the development of models that explain the behavior of the isomeric C 3 H 4 O family in the ISM. The latest rotational parameters for methyl ketene were published by Bak et al. (1962 Bak et al. ( , 1966 in the 1960s where they reported the analysis up to J = 3 and K a = 2 in the 16-27 GHz frequency range. These values do not allow a precise extrapolation to the ISM observational frequency range. Since its homologue, ketene (H 2 CCO), was detected a long time ago (Turner 1977) and provided that its isomer acrolein is also likely to be present in the ISM, we investigate the rotational spectrum of methyl ketene in order to facilitate its detection in the ISM.
Computational calculations
Our own high level ab initio calculations were performed with the aim of comparing the energetic ratios between the lower energy C 3 H 4 O isomers: propenal (antiperiplanar rotamer, ap), methyl ketene, propenal (synperiplanar rotamer, sp), cyclopropanone, oxetene, 2-methyleneoxirane, 1-propynol, 2-propynol, 2-methyloxirene, 2-cyclopropen-1-ol, 1-cyclopropen-1-ol, allenol, and methoxyacetylene. The coupled cluster method CCSD(T) was employed together with Dunning basis sets aug-cc-pVTZ as implemented in MOLPRO software (Werner et al. 2015) . A summary of the results is presented in Fig. 1 . Three species, methyl ketene and both rotamers of propenal, were found to be the most stable, around 80 kJ mol −1 below cyclopropanone, the following isomer on the energy scale.
Within the three most stable species, methyl ketene is the only one whose spectroscopic parameters that could allow its detection in the ISM remain unknown. In order to assist the spectroscopic analysis of methyl ketene, anharmonic force field calculations were carried out (Frisch et al. 2016 ) at the MP2/aug-cc-pVTZ level of theory. The complete set of rotational constants, distortional constants, structure, and internal rotation parameters, including the barrier height, can be found in Table A .1. The CH 3 internal rotation barrier height is estimated at 424 cm −1 , which is in a good agreement with the value of 411 ± 7 cm −1 obtained by Bak et al. (1966) .
At the MP2/aug-cc-pVTZ level of theory, the calculations of vibrational excited states' energies establish that methyl ketene has two low-frequency vibrational modes: the methyl group torsion (v 18 = 1, A ) that has a fundamental frequency of 133.4 cm −1 , and skeletal in-plane bending in (v 12 = 1, A ) at 202 cm −1 . The value obtained for v 18 = 1 is consistent with the corresponding value estimated by Winther et al. (2002) in the infrared (IR) experiments (135.6 ± 1 cm −1 ).
Experiments
The methyl ketene sample was obtained by pyrolysis of propionic anhydride, which was purchased from Aldrich and used without further purification. Flash vacuum pyrolysis at 600 • C produces methyl ketene together with propanoic acid. The latter was easily removed by selective condensation in a trap immersed in a −70 • C cold bath. A gaseous flow of pure methyl ketene was thus obtained and analyzed by means of millimeter-wave spectroscopy.
The millimeter-wave spectrum of methyl ketene has been recorded between 50-330 GHz at room temperature and at a pressure of 0.028 mbar using the Lille spectrometer described by Zakharenko et al. (2015) , which was recently equipped with a fast-scan mode. This new fast-scan design is able to provide a rapid frequency scan with up to 50 µs/point-of-frequency switching rate. It employs an AD9915 direct digital synthesizer (DDS) up-converted into Ku band. The up-conversion is achieved by mixing the DDS output signal in the frequency range 320-420 MHz, and the signal from an Agilent E8257 synthesizer (up to 20 GHz) with subsequent filtering of the upper sideband in a YIG bandpass filter. Thus, the fast frequency scan is provided by sweeping the DDS within the filter bandwidth of 25-40 MHz. The up-converted signal is then multiplied by factor of six into W-band (75-110 GHz) using an active multiplier AMC-10 from VDI (Virginia Diodes, Inc). The output power of AMC-10 is enough to drive passive Schottky multipliers from VDI on the next stage of frequency multiplication: a doubler (150-220 GHz) and a tripler (225-330 GHz). In addition, AMC-10 may be used as a radiation source in W-band. The detection was carried out employing a series of Schottky diode zero biased detectors from VDI: WR10ZBD (75-110 GHz), WR5.1ZBD (150-220 GHz), and WR3.4ZBD (225-330 GHz). The 50-75 GHz range was covered employing a Millitech active multiplier by factor four and the corresponding solid state detector WR15ZBD.
Analysis of the spectra
Methyl ketene is a near prolate molecule that has a planar molecular skeleton with only two hydrogen atoms of the methyl group out of the plane, thus it has C s species at equilibrium. Due to the coupling of internal rotation of the methyl group (CH 3 ) and the overall rotation of the molecule, the rotational levels are split into A/E. One should note that methyl ketene is characterized by a relatively high value of the ρ parameter (ρ = 0.196) that describes this coupling. The ρ parameter corresponds to the norm of the so-called ρ vector, whose coordinates are calculated using the expression
where λ g are the direction cosines of the internal rotation axis of the top in the principal axis system, I g are the principal moments of inertia, and I α is the moment of inertia of the methyl top.
In terms of the ρ value, methyl ketene may be considered as an intermediate case between acetaldehyde CH 3 CHO ρ = 0.328 (Smirnov et al. 2014 ) and acetic acid CH 3 COOH ρ = 0.072 (Ilyushin et al. 2013) or methyl formate CH 3 OCHO, ρ = 0.084 (Ilyushin et al. 2009 ). For all these molecules, accurate analysis of the large-amplitude torsional motion was performed using the rho-axis method (RAM). Therefore, RAM was applied in the present study of methyl ketene. The method uses the axis system obtained by rotation of the principal axis system to align with the new z axis parallel to the ρ vector. For prolate rotors with a plane of symmetry, the new axis system is obtained via rotation of the principal axes in the (ab) plane by angle θ RAM :
The RAM Hamiltonian may be written as (Kleiner 2010 )
where H T represents the torsional Hamiltonian defined as
where F is the internal rotation constant, p α is the internal rotation angular momentum conjugate to the torsion angle α, and V(α) is the internal rotation potential function expanded into
The H R represents rigid rotor rotational Hamiltonian in the rho-axis system. In addition to the usual A, B, and C terms, for the molecules with a plane of symmetry (xz) (as is appropriate for methyl ketene) it contains a non-diagonal term D xz . In the I r coordinate representation, H R has the form
The last two terms in the Eq. (1), H cd and H int , are the usual centrifugal distortion and higher-order torsional-rotational interaction Hamiltonians, respectively. For fitting and predicting the rotational spectra, we used the RAM36 (rho-axis method for three-and six-fold barriers) program that allows us to include in the model almost any symmetry-allowed torsion-rotation Hamiltonian term up to the twelfth order (Ilyushin et al. 2010 (Ilyushin et al. , 2013 . The RAM Hamiltonian in the Eq. (1) may be expressed in the following form used in the RAM36 program:
where the B knpqrst are fitting parameters. Methyl ketene is characterized as a molecule having a C s frame and a C 3v top. Therefore the allowed terms in the torsion-rotation Hamiltonian must be totally symmetric in the molecular symmetry group G 6 (and also must be Hermitian and invariant to the time reversal operation). Since all individual operators p α , J x , J y , J z , J 2 , cos(3sα), and sin(3tα) used in Eq. (5) are Hermitian, all possible terms provided by Eq. (5) will automatically be Hermitian. The particular term to be fit is represented in the input file with a set of k, n, p, q, r, s, t integer indices that are checked by the program for conformity with time reversal and symmetry requirements to prevent accidental introduction of symmetry-forbidden terms into the Hamiltonian. For example, B 0200000 corresponds to A RAM in Eq. (4), B 0000200 to F in Eq.
(2), B 0110000 to 2D ab in Eq. (4), and so on. In Table 1 , which presents the final set of molecular parameters, instead of B knpqrst , we give more conventional names for the parameters whose nomenclature is based on the subscript procedures of Xu et al. (2008) . Further details on the Hamiltonian employed can be seen from the operators presented in Table 1 .
We started our analysis of methyl ketene by refitting 16 transitions involving low J and K a quantum numbers reported by Bak et al. (1962 Bak et al. ( , 1966 using the RAM36 code. The RAM model is highly non-linear and strongly depends on the dataset of assigned transitions. In the initial fit, owing to the limited number of transitions from previous studies, the F and ρ parameters from the torsional Hamiltonian (Eq. (2)) were fixed to the values determined from the r s structure of methyl ketene (Bak et al. 1966) . Following the fit of previously reported transitions, initial frequency predictions were obtained. Not surprisingly, the predictions could only be reliable for the lower frequency range and low values of J and K a . For example, the analysis of the data of Bak et al. (1962 Bak et al. ( , 1966 predicts A symmetry transition 25 0 25 ← 24 0 24 at 210496.3 MHz, whereas the experimental value is 210746.8 MHz, which differs by about 250 MHz. Nevertheless, the initial predictions were useful in the assignment of millimeter-wave spectra. Figure 2a , represents the experimental spectrum of methyl ketene in the frequency range 225-305 GHz measured in this study. At first glance, groups of a R 0,1 transitions separated by ∼8900 MHz may be observed. The separation between groups corresponds approximately to the value of B + C for an a-type spectrum of a quasi prolate molecule like methyl ketene, and it provides the assignment of the J quantum number within each group. In this way, using the results of our theoretical calculations, predictions obtained on the basis of the refit results of previous studies, and broadband spectra suitable for building Loomis-Wood diagrams, we iteratively assigned and analyzed the rotational spectrum of methyl ketene. Table 1 . Methyl ketene molecular parameters of ground state and torsional mode ν 18 obtained from the fit using RAM36 program (Areduction, I r -representation). The advantage of the RAM is its capacity for a global treatment of all excited vibrational states associated with the methyl torsion. Using the results of the fit of the ground-state transitions, we were able to predict the transitions of the v 18 = 1 state within a few MHz. In the same manner, we were able to obtain rather accurate predictions for the v 18 = 2 state on the basis of the results of the global fit of the v = 0 and v 18 = 1 states. Looking closely at the spectra (see Fig. 2b ), we observed several satellites around the ground state, which belong to vibrational excited states. After scaling the rotational constants of the vibrational excited states by a correction factor obtained from the experimental and calculated ground-state values, we were able to assign several series of rotational transitions of the v 12 = 1 state.
The global fit of the v 18 = 0, 1, and 2 states was a very lengthy task as it required a much higher number of parameters that led to strong correlations, and unrealistic values of the main torsional parameters such as F, V 3 , and ρ. To address this issue, we built a reduced energy diagram presented in Fig. 3 . The diagram represents the reduced energy E red of each rotational state as a function of J quantum number. It is calculated according to the equation E red (cm −1 ) = E − J(J + 1)(B + C), where E corresponds to the energy of rotational level predicted either on the basis of global fit or quantum chemical calculations. Each line on the diagram represents a stack of levels with the same K a quantum number. The analysis of the diagram shows that starting from the energy of 300 cm −1 the density of levels is significantly increased. For example, around 400 cm −1 the rotational levels of different vibrational states with close K a values are embedded into a narrow energy zone. Thus, taking into account the proximity in energy of v 18 = 2 and v 12 = 1 and their symmetry (both A ), c-type Coriolis and Fermi interactions are expected to occur, even at low K a transitions, which cannot be taken into consideration employing the actual RAM Hamiltonian. Consequently we prefer to exclude the v 18 = 2 state from consideration and to provide the analysis of the ground and v 18 = 1 states.
The complete dataset treated at the final stage of the current study contains 3055 a− and b−type transitions (where 474 are blended), including 1844 transitions of the ground state and 1211 transitions of the v 18 = 1 state. The maximum values of K a for the ground and v 18 = 1 states are 18 and 12, respectively. All these rotational levels have a reduced energy lower than 400 cm −1 , thus right below the energy of the V 3 barrier. The final fit uses a model consisting of 38 parameters that reproduced the experimental data with a weighted root-mean-square deviation of 0.74. The list of parameters employed in the fit is presented in Table 1 . Figure 2c compares an experimental spectrum to the predicted rotational spectrum as provided by our current theoretical model. As can be seen from Fig. 2c , the overall correspondence between experimental and theoretical spectra is very good. A slight inconsistency with intensity between predicted and observed spectra that may be visible for some strong lines is due to variations of source power and detector sensitivity.
The dataset of fitted transitions is presented in Table 2 where we provide quantum numbers for each level, followed by observed transition frequencies, experimental uncertainties and residuals from the fit. For the ground state together with the first and the second quanta of the torsional mode (v 18 = 1), a list of their predicted transition frequencies up to 600 GHz (J max = 50), their associated uncertainty, strength (µ 2 S ), Einstein coefficients (A ul ), and their lower state energy (E ) is collected in Table 3 . Since no rotational lines of v 12 = 1 or J higher than 50 are included in the actual fit, higher discrepancies could be expected. The complete version of Tables 2 and 3 is available at the CDS, and only part of the tables is presented here for illustration purposes. The rotational and vibrational partition functions at different temperatures are tabulated in Table 4 . The (Ilyushin et al. 2010; Belloche et al. 2017) . For a molecule with three-fold barrier the A and E symmetry levels are labeled respectively as m = 0, and m = 1 for the ground state, as m = −3 and m = −2 for the first excited torsional state and as m = 3 and m = 4 for the second. Gordy & Cook 1984) , where we considered the values of v 18 = 1, v 18 = 2 and v 12 = 1. The rotational partition function is evaluated by summation over all ground-state levels predicted from the fit up to J = 50. From the values of Table 4 , a significant contribution of the vibrational excited states to the partition function is expected at temperatures from ∼100 K.
Direct comparison of the results obtained in this study with the results of Bak et al. (1962 Bak et al. ( , 1966 is not obvious owing to the two different methods used and significantly different datasets. As has been pointed out previously, in the present study, the transitions involving levels with low values of J and K a quantum numbers from the studies of Bak et al. (1962 Bak et al. ( , 1966 were refit to provide initial predictions. The results of this fit and several structural parameters related to the methyl torsion are presented in Table A .2. We also present in Table A .2 the same parameters issued from the global fit, and from ab initio calculations of the present study in order to provide a point of comparison. The rotational constants from ab initio calculations are given in the rho axis system for consistency. In general, the values obtained from this work are in agreement to those ab initio and those from the literature. We calculated the value of the methyl top moment of inertia I α independently from F and from the ρ parameters (see equations in Table A .2 footnotes) to further check the consistency of the results of the global fit. In the rigid rotor approximation, the I α values should be equal (Ilyushin 2011) . Such an approximation is suitable for vibrational ground-state levels at low J and K a quantum numbers, as it is the case of the assigned A92, page 6 of 10 transitions in previous studies (Bak et al. 1962 (Bak et al. , 1966 . However, considering higher energy levels, including the first torsional state requires that we account for the distortion of the methyl top due to the rotational and torsional motion. Such distortion may be partially taken into account by the independent variation of F and ρ. Consequently, I α values calculated from F and from ρ may also differ in the case of a large dataset including excited torsional states. In the present study, the values of I α (ρ) and I α (F) are rather close with a relative error of about 1%, and they are within the range of typical values of moments of inertia for the methyl group, 3.1 uÅ 2 -3.3 uÅ 2 . Therefore we may claim that the obtained set of parameters presented in Table 1 properly describes the torsional-rotational problem for methyl ketene molecule. We also point out the improved accuracy of the main torsional-rotational parameters obtained in the present study, which also contributed to the accurate calculation of predicted spectra that were further used for radio astronomical observations.
Radio-astronomical observations
Thanks to the improved frequency predictions provided by the present work, we have carried out a rigorous search for methyl ketene in space. Although none of the C 3 H 4 O isomers have been unambiguously identified in space, the ubiquity of acetaldehyde (CH 3 CHO) in starless cores and star-forming regions (see, e.g., Ikeda et al. 2001; Kaifu et al. 2004; Cernicharo et al. 2012; Belloche et al. 2013 ) encourages us to search for methyl ketene (CH 3 CHCO) in those environments. We focused on the two most studied high-mass star-forming regions, Orion KL and Sagittarius (Sgr B2), on a starless core in Taurus Molecular Cloud (TMC-1), and on the cold dark cloud Barnard 1 (B1-b). We used Cernicharo et al. (2016) . (c) Belloche et al. (2013) . (d) Cernicharo et al. (2012) .
the MADEX code (Cernicharo 2012) to exploit the spectroscopic parameters presented in this work and to derive the synthetic spectrum of this species (assuming local thermodynamic equilibrium) according to the physical parameters of the source (see below) collected in Table 5 . The column density was the only free parameter for these models. Corrections for beam dilution were applied to each line depending on its frequency. Orion KL. Data from the Atacama Large Millimeter/submillimeter Array (ALMA) interferometer (Science Verification, SV) and the Institut de Radioastronomie Millimétrique (IRAM) 30 m telescope (Tercero et al. 2010 (Tercero et al. , 2015 have been explored to search for CH 3 CHCO. The ALMA SV data allow us to obtain the spectrum between 213.7 and 246.7 GHz for different positions within the source characterized by different chemistry and physical parameters (see, e.g., Gong et al. 2015 and references therein). We distinguished (i) the hot core, a position in the middle of a clumpy structure where the emission Fig. 4 . Observed data of Orion KL and Sgr B2 taken with the IRAM 30-m telescope and the ALMA interferometer (histogram black spectrum) together with the synthetic spectra obtained using the column densities given as upper limits in Table 5 (red thin curve). The synthetic total model for the 30 m data of Sgr B2(N) (see Belloche et al. 2013) and Orion KL (see Cernicharo et al. 2016 ) is overlaid in green. A v LSR of +9.0 km s −1 and +64.0 km s −1 is assumed for Orion KL and Sgr B2, respectively. peaks of ethylene glycol (HOCH 2 CH 2 OH, Brouillet et al. 2015) , acetic acid (CH 3 COOH, Cernicharo et al. 2016; Favre et al. 2017) , and methyl isocyanate (CH 3 NCO, Cernicharo et al. 2016) are located; (ii) the compact ridge, located at the emission peak of methyl formate (CH 3 OCOH, Favre et al. 2011) , dimethyl ether (CH 3 OCH 3 , Brouillet et al. 2013) , and ethyl methyl ether (CH 3 CH 2 OCH 3 , Tercero et al. 2015) ; and (iii) the MM4 source (see Wu et al. 2014 ), a clump that concentrates a large fraction of the emission of methyl isocyanate (Cernicharo et al. 2016) and acetone (CH 3 COCH 3 , Peng et al. 2013; Cernicharo et al. 2016) in the region. In addition, the IRAM 30 m data provide a very wide frequency band (80−307 GHz) of the average spectrum of the region inside the telescope beam. To model the CH 3 CHCO emission in these components, we have adopted physical parameters according to those derived by Cernicharo et al. (2016) and Tercero et al. (2015) . Figure 4 shows selected frequencies and positions of these data together with the model derived by MADEX that demonstrates the lack of CH 3 CHCO lines above the confusion limit of these data.
Sgr B2. We also searched for CH 3 CHCO in public data available for Sgr B2. We did not find this species above the detection limit of the data either in the PRIMOS survey 1 (Neill et al. 2012) or in the IRAM 30 m data at 3 mm provided by Belloche et al. (2013) . To estimate upper limits to the CH 3 CHCO column density in the region, we adopted the physical parameters derived by Belloche et al. (2013) for CH 3 CHO (see Table 5 ). Figure 4 shows the model provided by MADEX (red line) together with the IRAM 30 m data of Sgr B2(N). Interestingly, this model is consistent with the lack of methyl ketene lines above the detection limit of the PRIMOS data.
B1-b and TMC-1. Finally, we used the data presented in Cernicharo et al. (2012) to derive upper limits to the methyl ketene column density in dark clouds at different evolutionary stages (see Table 5 ). Table 6 shows the CH 3 CHO/CH 3 CHCO column density ratios in Orion KL, Sgr B2, and B1-b. It is worth noting that the lower limit ratios derived agree for the considered Orion cores and for B1, and they are extremely low (∼2). For Sgr B2 we found also a moderate value, only ∼6 times larger than that derived for Orion. Although the dipole moment along the a-axis is similar for both species, the CH 3 CHCO partition function is ∼2 times larger (at 10-150 K) than that of CH 3 CHO. As a result, the CH 3 CHCO lines appear weaker than those of CH 3 CHO assuming similar abundances. Therefore, it is reasonable to suggest that the derived lower limit is far from the real abundance ratio between these species in the considered regions. Achieving higher sensitivity of the data with the current generation of telescopes is crucial to determine a more realistic value of the CH 3 CHO/CH 3 CHCO column density ratio.
Conclusion
Our theoretical calculation shows that methyl ketene (mk) is the C 3 H 4 O isomer with the closest energy to the most stable one, propenal (ap) (∆E ap−mk = 2.8 kJ mol −1 at CCSD(T)/ aug-cc-pVTZ level of theory). Three transitions of the latter have been already detected towards Sgr B2 (Hollis et al. 2004) . The closeness in energy of both isomers should make methyl ketene as good a candidate as anti-propenal for detection in the ISM. The millimeter-wave spectrum of this molecule has been analyzed in the 50-330 GHz frequency range in order to provide accurate rotational parameters that could allow its detection. The internal rotation of the CH 3 group was analyzed employing the rho-axis method and the program RAM36 (Ilyushin et al. 2010) . Notwithstanding the complexity of the analysis, more than 3000 transitions were assigned to the ground and first torsional state of methyl ketene. The height of the internal rotation barrier was found to be 429.37(11) cm −1 and the ρ value 0.194354(13) . Both values are intermediate between acetic acid with lower values of ρ and V 3 (Ilyushin et al. 2013 ) and acetaldehyde with higher ones (Smirnov et al. 2014 ). These parameters were employed to unsuccessfully search for its presence in star-forming regions at different evolutionary stages: Orion KL, Sgr B2, TMC-1, and B1-b. Higher sensitivity of the data is required to achieve a realistic abundance ratio between acetaldehyde and methyl ketene in the ISM. Notes. (a) Axis frames in methyl ketene under the I r representation: in black the principal axis frame and in red the rho-axis. In blue, it is indicated the internal rotation axis. (b) A RAM , B RAM , C RAM are the rotational constants in the rho-axis-frame. V 3 is the height of the torsional barrier. ρ is the norm of the ρ vector described in Sect. 4 and represented in green in the figure. F is the internal rotational constant defined by F = h 2 /2rI α where r = 1 − g 2λ 2 g I α /I g and λ g the direction cosines mentioned in Sect. 4. s is the reduced barrier parameter which is calculated as s = 4V 3 /9F. δ is the angle between the internal rotation and the a PAM axis, which is thus related to the direction cosines as cos(δ) = λ a . θ RAM is the angle of frame rotation and can be calculated based on the ρ projections: θ = arctan(ρ x /ρ y ). Finally, I α is the reduced mass of the methyl top. (c) I α is, in case of the ab initio parameters, fixed to 3.2 which is its average value for a methyl top in the calculation from the ab initio structure. In the other cases it is calculated from the RAM rotational constants and either the ρ or F values as follows (Ilyushin 2011 
